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Abstract : s

The article about ataigability and submetrizability for point-open,
open-point an I opologies on c(x, V) oftheform[x,V]—
. e epsetinY and x € X. The space C(X, Y )
equipped witr.1 Ol e ed by Cp(X,Y).

Key wi ds’ isad

The open e

%& '

bology, subbase consisting

N C(X,Y) has a subbase consisting of the
: QU =¢},whereU isanopen set in X and y
pbef-point topology is denoted by Ch(X,
top ogy basic open sets of both kinds:
x,V]+ = {f € C(X)Y) :
ninY . The space C(X, Y
X,Y).

f(x)eV},whereU iIsanopensetinXandy €}

) equipped with bi—péint—opemy -
A nonempty subset ofeer ' provided that it
intersects every nonempty Go-S

Throughout this PageP”X i gylar armm@eusdorff space and

(Y, +,%) denotes a locally con d x denote vector

addition and scalar multiplicag mul- tiplication of

y

rand y, where r € R a te additive inverseofpointyinY
and—U={—-1xu:ueU},
v denotes the vecf:)r addition in Y . Let 0 denote the identity element in the space
Y . Let N and R denote the set of all natural numbers and set of all real numbers,
respectively. P denotes the collection of all seminorms that generates the topology
of Y . Let X and Y denote two spaces with same underlying set, and X <Y denote

that X and Y have the same topology. Also, 0X denotes the constant function
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which maps all points of X to 0. |Z| denotes the cardinality of set Z. Let X0 denote
the set of all isolated points in X.

x1,LUL]+ N - ﬂ_[xn,Un]+. Fogégch B € B, let K(B) = {x1,....xn}. Let T =
SBeB K(B). Clearly,' IT|< X(Cp(>&), 0X). Let if possible, there exists x0 € X
\T. Then let [x0,V1@)] bejas 1

an arbitrary B

g open set in Cp(X,Y), where p € P. Consider

,U1]+ N --- N [xn,Un]+. Since X is completely
regular, s function f : X — R

suchthatf(x0)z#andf{’A akeyeY ,where p(y) = 1. Also, since Y is

a locally a continuous functionh:R—Y
definedbyh(a)=ay. SOtk »X—Y 1is also continuous, where h ° f(xi1) =
0 forall i € 1,... #EAIIRE e that, h - f € B\ [x0 , V1 (p)]. This

contradicts the fac rCp(X,Y).

Coroll ble, then X is countable. Theorem
33.IfC Y ) ountgble,

Proof. Sinde Ch(X, ¥ ) is
pseudochar- acter. Then there exists ¢ ; il
such that { 0X } = Na. Wit
member A of a is of the fof'r-n- chie€{l,..,n}
Vi is open inXandxi €Y. LetK( ). Note that, B is
a countable family of op'em Me for the space X.
Let V be an open set in X cqntaini guous function f :

X — R such thatf(x)

ntable mt-base.

(X, Y ) has a countable
f open sets in Ch(X, Y )
lityAe can assume that each

all v in Vec.
TakeyeY,wherep(y)=1for, I isalocallyconvex space, there exists a
continuous functign — Y defined by h(a) = ay, where p(y) = 1. So the
composition h = f : X — Y is also continuous, where hef(v)= OforallvinVc
andhef(x)=y. ThereexistsAeasuchthat h - f €/ A. It follows that there exists U € B
suchthat 0 €/ g - f(U). We claimthat, U c V. Letu € U, then g - f(u) = 0, this

implies u € V. Hence U c V and B forms a n-base for X.
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Recall that, for any space X and any point x € X, the pseudocharac- ter of x
in X, denoted by y(X,x), is defined by y(X,x) = R0 + min{|y| : v is a family of
nonempty open subsets in X such tha.ggy = {x}}.

The pseudochafacter y(X)o s given by

y(X) = sup X)

en Y is metrizable. But a locally convex space
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